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A B S T R A C T

Spintronic memristors are promising devices that can be used in various applications such as memory chips and
neuromorphic systems. The spintronic memristor combines the non-volatility advantage of resistive memristors,
and the good scalability, and radiation hardness of spin-transfer torque magnetic devices. In addition, spintronic
memristors can benefit from the maturity of integrating magnetic devices on top of CMOS devices. Current models
of spintronic memristor only provide a similar version of the linear ion drift model of resistive memristors, which
offers a simplified model, but with low accuracy and without enough linking to the device's physical parameters.
In this paper, an accurate model of domain-wall- based spintronic memristor based on Landau-Lifshitz-Gilbert-
Slonczewski (LLGS) equation is proposed. The proposed model provides a more accurate dynamical behavior
by using the LLGS equation, and better relation to the device's physical parameters. It also uses the required
equations that cover different types and geometries of spintronic memristors. The effect of the thermal fluctua-
tions on device's parameters is also included into the model. The model uses the theory of domain-wall motion to
explain the behavior of the device. Furthermore, a Verilog-A model is developed in order be compatible with IC
CAD tools.
1. Introduction

In 1971, Professor Leon Chua reasoned from symmetry that there
should be a fourth fundamental two terminal element completing the
missing link between the electric charge (q), and the magnetic flux (Φ) as
shown in Fig. 1 [1].

He denoted this element by “memristor” as a short term for “memory
resistor”. Memristor's resistance changes based on the historical profile of
the applied current or voltage. The memristor provides a distinguished
pinched hysteresis current-voltage characteristic. In 2008, HP Labs
announced a physical realization of a solid-state memristor using TiO2

[2]. Since then, memristor devices gained a wide research interest for
their unique properties such as their inherent nonvolatile property,
which can be used effectively in the design of memory circuits.
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1.1. Spintronic Memristor

Beside the resistive memristors, magnetic technology provides an
alternative method to implement memristive systems [3,4]. Fig. 2 shows
two possible realizations of the domain-wall (DW) based spintronic
memristors.

The spintronic memristor shown in Fig. 2(a) was proposed by Wang
et al. [3]. The device consists of two ferromagnetic layers separated by a
strip of antiferromagnetic metal. The device geometry is current in-plane
(CIP) in which the current flow is parallel to the memristor's interface
between different layers. Another possible realization is the spintronic
memristor shown in Fig. 2(b). It consists of two ferromagnetic layers
separated by a thin insulator strip. This device was proposed by Miao Hu
et al. in Ref. [4], and its geometry is a current perpendicular-to-plane
(CPP) in which the current flow is perpendicular to memristor's
fa).
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interface between different layers.
In both structures, the ferromagnetic layers are denoted by the pinned

layer (PL), and the free layer (FL). The magnetization direction in the PL
is fixed. In the FL, the magnetization direction changes when the current
passes through it.

The FL can be divided into three parts, a part with a parallel
magnetization direction to the PL (P), a part with an antiparallel
magnetization direction to the PL (AP), and a domain-wall (DW) part
separating the parallel and the antiparallel parts. By changing the DW
position, the memristance of the device is varied.

Spintronic devices are preferable for magnetic memories mature
technology and good endurance [5]. However, resistive memristors such
as TiO2 memristors can provide higher ON/OFF ratios. Thus, the designer
decision to choose between them depends on the design requirements of
the ON/OFF ratio and the endurance.

Spintronic memristors are promising candidates for many applica-
tions such as neuromorphic circuits [6,7], memory chips [8–10], and
temperature sensors [11]. In the field of memory circuits, spintronic
memristors offer excellent scalability, and non-volatility properties,
leading them to become one of the promising candidates for
high-performance and high-density storage technologies. They can also
be used in the field of logic circuits [12] and field programmable gate
arrays (FPGAs) [13,14].
1.2. Landau-Lifshitz-Gilbert-Slonczewski (LLGS) equation

The Landau-Lifshitz-Gilbert (LLG) equation describes the dynamical
behavior of the magnetization vector of magnetic materials according to
Fig. 2. (a) A spintronic memristor with CIP structure [3

Fig. 1. Fundamental circuit variable relationships [1].
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the following relationship [15–17]:

∂m!
∂t ¼ γ

1þ α2
g

H
!

eff � m!þ αgγ�
1þ α2

g

� m!� �
H
!

eff � m!�
(1)

where m! is the normalized magnetization vector, γ is the gyromagnetic

ratio, αg is the Gilbert damping parameter, H
!

eff is the effective magnetic
field which includes the external field, the anisotropy field, and the
thermal equivalent field.

The first term of the LLG equation represents the precession of the
magnetization vector due to the applied magnetic field. The second term
represents the damping phenomenon that tends to align the magnetiza-
tion with the effective field.

In 1996, Slonczewski [18,19] indicated that spin-polarized electrons
in magnetic devices experience a change in their angular momentum,
resulting in a torque applied to the magnetization vector known as
spin-transfer torque (STT). Therefore, a torque term should be added to
the right-hand side of the previous equation to include this effect.

In this work, two types of STT are used, one for CIP devices as given in
Eq. (2) [20–22] and the other for CPP devices as given in Eq. (3) [20,22,
23]. One of these STT terms is added to the right-hand side of the LLG
equation depending on whether the device is CIP or CPP.

TCIP
⇀ ¼ ��

u! ⋅ r!
�
m!þ βm!� ��

u! ⋅ r!
�
m!�

(2)

where u! is the velocity of DW in the direction of electron motion;
u¼ JgμBP/(2eMS) where J is the current density, g is the g-factor, μB is
Bohr magneton, P is the polarization of the ferromagnetic material, e is
the electron charge, and MS is the saturation magnetization. The second
term is denoted by the beta term which refers to the damping associated
with the first term. The parameter β is much smaller than unity.

TCPP
⇀ ¼ � JgμB

2eMS t
ηðθÞðm!� ðm!� m!PLÞÞ (3)

where t is the thickness of the free layer, η is the spin torque efficiency, θ
is the angle between the easy axis of the magnet and the magnetization
vector, and m!PL is the normalized magnetization vector of the pinned
layer.

After adding the torque term, the equation is denoted by the Landau-
Lifshitz-Gilbert-Slonczewski (LLGS) equation. This equation is able to
model the dynamic behavior of magnetic devices accurately.

The spin-transfer torque effect is exploited in MTJ device forming a
device denoted by spin-transfer torque magnetic tunneling junction
]. (b) Spintronic memristor with CPP structure [4].



Fig. 5. MTJ device's resistance vs applied voltage [26].

Fig. 4. CPP- based spintronic memristor (a) Structure. (b) Equivalent circuit.
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(STT-MTJ). The main advantage of using the spin-transfer torque effect is
that it requires lower current densities to achieveMTJ switching between
P and AP states than other existing techniques, which makes this tech-
nique preferable in high-density MRAMs [24].

In this paper, a compact model of the DW-based spintronic memristor
using LLGS equation is proposed. This model is implemented using
Verilog-A, and is used with SPECTRE-based CAD tool to study its capa-
bilities to investigate the dynamic behavior of the spintronic memristors.

The rest of the paper is organized as follows. Section 2 introduces a
short survey on the previous models related to this work. Section 3
presents the proposed spintronic memristor model. Section 4 provides
simulation results of the model and the model verification. Section 5
concludes the paper.

2. Previous spintronic memristor modeling

The spintronic memristor can be modeled using any empirical
memristor model. However, there are only two available models - up to
author's knowledge that use physical parameters related to the spintronic
memristor devices.

The first model was proposed by Chen et al. [25] for the CIP spin-
tronic memristors.

The second model is a CPP spintronic memristor model proposed by
Miao Hu et al. [4]. Both models are similar, as the only difference is that
Chen model uses two series resistors to model the spintronic memristor
while Miao Hu model uses two parallel resistors.

2.1. Chen spintronic memristor model

Fig. 3 shows the structure of the CIP spintronic memristor (Fig. 3(a))
and its equivalent circuit (Fig. 3(b)) proposed by Chen et al. [25].

When the whole FL has a parallel magnetization vector to the PL, the
resistance becomes lowest and is denoted by RP. On the other hand, when
the whole FL has an antiparallel magnetization vector to the PL, the
resistance is the highest and it is denoted by RAP.

When a part of the FL is in parallel state and the other part is in
antiparallel state, the memristor can be modeled by two series resistors as
shown in Fig. 3(b). The total memristance of the device is given by:

MðαÞ ¼ RP αþ RAP ð1� αÞ (4)

where α is the relative DW position. It represents the “state variable” of
this memristor and is equal to the ratio of the DW position (w) to the total
length of the free layer (D) (α¼w/D, 0� α� 1).

The velocity of the DW motion (v) is proportional to the current
density (J) passing through the memristor. It can be calculated as follows
[25]:

vðtÞ ¼ dαðtÞ
dt

¼ Γv Jeff (5)
Fig. 3. CIP-based spintronic memristor (a) Structure (b) Equivalent Circuit [25].
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where Γv is the DW velocity coefficient, and it is related to the device's
structure and the material properties [25]. The value of Γv is estimated
from the torque term of the LLGS equation for the CIP structure, and it
can be expressed as [25]:
Fig. 6. Domain-wall motion at (a) the beginning of rotation. (b) DW fully
switched. (c) DW moved to the new position.



Fig. 7. CIP Spintronic Memristor. (a) Basic cell, (b) free layer division, and (c)
equivalent circuit.
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Γv ¼ P μB
e MS

(6)
The effective current density (Jeff) is equal to J only when J> Jcr as
the current density only affects the DW position if it is higher than a
specific critical value Jcr.

Jeff ¼
�
J ; J � Jcr
0 ; J < Jcr

(7)

This model is similar to the linear ion-drift model of the resistive
memristors, but with a DW motion based on a simplification of the LLGS
equation.
2.2. Miao Hu spintronic memristor model

Fig. 4(a) shows the structure of the CPP spintronic memristor pro-
posed by Miao Hu et al. [4]. The equivalent circuit of this spintronic
memristor is shown in Fig. 4(b). This model is similar to the Chen model
except for using parallel resistors instead of series resistors as the struc-
ture is CPP. The DW separates the P and the AP parts of the free layer, and
the model represents them as two parallel resistors RP/α and RAP/(1-α).

Thus, the overall memristance of the spintronic memristor can be
calculated as follows [4]:

MðαÞ ¼ RAP RP

RAP αþ RP ð1� αÞ (8)

The velocity of the DWmotion (v) is calculated from Eq. (5) similar to
the Chen model.

In both models, there are some assumptions that limit the model
accuracy, and usage.

(1) As given in Eq. (5) and Eq. (6), the DW speed is derived from the
LLGS equation of the CIP structure. Thus, it can predict the dy-
namic behavior of CIP memristors efficiently. On the other hand,
the torque term of the CPP structure differs than the CIP torque
and it can't provide accurate estimation of the dynamic behavior
for the CPP spintronic memristors.
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(2) Both models did not provide enough linkage to the physical pa-
rameters, structure, and dimensions of the spintronic memristor. A
model with a direct relation to the magnetic material properties
and device structure can be of a great impact on the studying and
the manufacturing of the spintronic memristor. In addition, the
proposed model allows the optimization of the spintronic mem-
ristor materials' properties and the design parameters at early
design phases.

(3) Both models assumed that the antiparallel resistance RAP has a
fixed value. Actually, the antiparallel resistance in magnetic-based
devices is strongly dependent on the applied voltage as shown in
Fig. 5.

Eq. (9) provides an acceptable approximation for the tunneling
magnetoresistance ratio (TMR) as a function of the applied voltage [27].
Taking the effect of the applied voltage on the TMR and RAP is essential in
spintronic memristors' modeling and it strongly affects the design of the
spintronic memristor-based applications.

TMRðVÞ ¼ TMR0
1

1þ
�

V
Vh

�2 (9)

where TMR0 is the tunneling magnetoresistance at zero volt, and Vh is the
voltage at which the TMR is halved.

(4) The two models also did not consider the thermal dependent pa-
rameters of the spintronic memristor.

(5) Chen model is only applicable for CIP structures, and Miao Hu
model is only applicable for CPP structures. A more generalized
model that covers different possible structures of spintronic
memristors is required to offer a standard model for the domain-
wall spintronic memristors.

3. Proposed LLGS-based spintronic memristor model

The proposed model uses the LLGS equation to offer a more accurate
representation of the memristor's dynamical behavior, especially for CPP
structure, compared to the existing models that utilize a simplified form
of the STT term from the LLGS equation.

The LLGS equation deals with the free layer of MTJ-based devices as
one part that has a specific normalized magnetization vector m. The
magnetization vector makes an angle θ with the easy axis (magnetization
vector of the pinned layer). In case of modeling spintronic memristors,
the LLGS equation is applied to the DW part only based on the theory of
DWmotion in nanostructures [28–30]. In order to use the LLGS equation
in the modeling of spintronic memristors, the free layer is divided into
three parts, a part with a magnetization vector parallel to the magneti-
zation vector of the pinned layer, the DW, and a part of a magnetization
vector antiparallel to the magnetization vector of the pinned layer.

The proposed model also uses the required equations that can
represent all possible structures of spintronic memristors and link them
to their physical parameters. The model included all the temperature
dependent parameters up to the author's knowledge. The model also
includes the voltage dependence of the TMR value.
3.1. The domain wall width and motion

The switching between P and AP states in spintronic memristors is
based on the DW motion. The theory of operation is shown in Fig. 6. The
LLGS equation is used to calculate the DWmagnetization vector's relative
angle to the easy axis of the memristor. If the STT effect exceeds the
demagnetization field effect, the magnetization vector starts to rotate
from AP to P state. When this magnetization vector reaches the parallel
state as shown in Fig. 6(b), it is added to the parallel part of the free layer,
and the DW position moves to the next position reducing the antiparallel



Fig. 8. CPP Spintronic Memristor. (a) Basic cell, (b) free layer division, and (c)
equivalent circuit.
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part width as shown in Fig. 6(c). The LLGS is applied again on the DW in
its new position, and so on.

The same theory works for the DW when its magnetization vector
rotates from P to AP state, but the motion is in the reverse direction
reducing the parallel part and increasing the antiparallel part.

The DW type of the spintronic memristor is assumed to be a N�eel type
DW similar to Chen model [25]. In N�eel DW type, the magnetization
vector rotates in the plane of transition as shown in Fig. 6. The N�eel DW
width can be calculated as follows [21,25]:

Δw ¼
ffiffiffiffiffiffiffiffiffiffiffiffi
2Aex

MSHK

r
(10)

where Aex is the exchange parameter and HK is the anisotropy field.
Thus, the FL has ‘N’ DW positions. The number of DW positions (N)

considered in our approach equals:

N ¼ D
Δw

(11)

It should be noted that the DW of narrow-width spintronic devices is
usually a mix between the N�eel and Bloch DW types [31], and thus
estimating the DW width from (10) is an approximation. If an experi-
mental data is offered, it is better to use the value of the DW width from
the experimental results.
Fig. 9. Spintronic Memristor (a) IMA structure. (b) PMA structure.
3.2. The CIP and CPP structures

The spintronic memristor can be a CIP structure like the spintronic
memristor proposed by Chen et al. [3] or CPP structure like the one
proposed by Miao Hu et al. [4]. Fig. 7(a) shows a spintronic memristor of
a CIP structure. The CIP spintronic memristor is equivalent to three re-
sistors connected in series representing the P, AP, and DWparts, as shown
in Fig. 7(b). This is the same assumption used by the Chen model, except
that the DW resistance is included as a standalone part. In Chen model,
the DW part is assumed to be divided equally between the P and AP parts
[25].
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Fig. 7(c) shows the equivalent circuit that is used by the proposed
model for the spintronic memristors with a CIP structure. The first
resistor RP (α-1/2 N) is the equivalent resistor of the P part. The DW part
has a resistance of RDW, and it is calculated depending on whether the
memristor type is GMR or TMR. The AP part is modeled by the resistance
RAP (1-α-1/2 N). The derivation of this model is straightforward, as for a
resistor R, R¼ ρ L/A.

Thus, the ratio of the P part resistance to the total resistance is RP-part/
RP¼ Lp-part/Ltot. Thus, the P part resistance is given by:

RP part ¼ RP
w� Δw

2

D
¼ RP



α� 1

2N

�
(12)

where w is the DW position at the center of the DW which has a width of
Δw.

Similarly, the AP part equivalent resistance is:

RAP part ¼ RAP



D� �

w� Δw
2

�� Δw
D

�
¼ RAP



1� α� 1

2N

�
(13)

The antiparallel resistance RAP is calculated from the following
equation:

RAPðVÞ ¼ RPð1þ TMRðT ;VÞÞ (14)

where TMR (T, V) is the tunneling magnetoresistance ratio as a function
of temperature and voltage.

Thus, the total memristance can be calculated as follows:

MðαÞ ¼ RP



α� 1

2N

�
þ RDW þ RAP



1� α� 1

2N

�
(15)

Similarly, the equivalent parallel resistance of the DW RP_DW is
calculated as follows:

RP DW ¼ RP



Δw
D

�
¼ RP

N
(16)

The RP_DW value is to be used in the calculation of the DW resistance
RDW.

Fig. 8(a) shows a spintronic memristor of a CPP structure. In contrast
to the CIP structure, the device area is divided into the three parts instead
of the length.

Thus, RP_part/RP¼Atot/Ap_part. Thus, the P part resistance equals:

RP part ¼ RP



D

w� Δw
2

�
¼ RP�

α� 1
2N

� (17)

Similarly, the AP part equivalent resistance is:

RAP part ¼ RAP � D
D� �

w� Δw
2

�� Δw
¼ RAP�

1� α� 1
2N

� (18)

The total memductance W(α) can be calculated as follows:
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WðαÞ ¼ α� 1
2N

R
þ 1=RDW þ 1� α� 1

2N

R
(19)
� �
P

� �
AP

where W(α)¼ 1/M(α).
The area of the DW is (1/N) times of the total FL area. Thus, the RP_DW

in the CPP structure is calculated as follows:

RP DW ¼ RP



D
Δw

�
¼ N RP (20)

3.3. Thermal dependent parameters

Somemagnetic parameters are affected by thermal fluctuations. Thus,
including the temperature dependence to the magnetic parameters is
important to study the thermal fluctuations effect on spintronic mem-
ristors. In the proposed model, the effect of the temperature variations on
the magnetization saturation MS, the spin-polarization PS, and the
magnetoresistance ratio (TMR/GMR) are included.

The temperature dependent magnetization saturation can be calcu-
lated as follows [32,33]:

MsðTÞ ¼ Ms0



1� T

TC

�βTMR

(21)

where MS0 is the magnetization saturation at absolute zero, TC is the
Curie temperature, and βTMR is a material dependent critical exponent.

The zero-voltage temperature dependent spin-polarization can be
calculated as follows [34]:

PsðTÞ ¼ P0

�
1� αSPT3=2

�
(22)
Fig. 10. Verilog-A Flow Chart of the proposed model.
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where P0 is the spin-polarization at absolute zero, and αSP is a material-
and geometry-dependent constant. The zero-voltage magnetoresistance
TMR0 (T) is related to the spin-polarization as follows [35]:

TMR0ðTÞ ¼ 2 Ps
2ðTÞ

1� Ps
2ðTÞ (23)

The voltage-dependent TMR is then calculated as follows:

TMRðT ;VÞ ¼ TMR0ðTÞ
1þ

�
V
Vh

�2 (24)

The TMR voltage dependency is usually asymmetric for positive and
negative voltages [36]. Thus, two fitting parameters Vhp and Vhn can be
used for positive and negative voltage dependent equations. Then, the
voltage-dependent spin-polarization is calculated as follows:

PSðT;VÞ ¼
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
TMRðT ;VÞ

TMRðT ;VÞ þ 2

s
(25)

It should be noted that Chen et al. [37] referred to the existence of the
TMR voltage dependency in spintronic memristors, but it was not
included in any memristor model before.

Finally, the fluctuating thermal field that is added to the effective
field is given by Ref. [20]:

H
!

thðTÞ ¼ η!ðtÞ
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi

2αKBT
ð1þ α2Þ γ μ MS Vol dt

s
(26)

where η!ðtÞ is a stochastic vector with zero mean and standard normal

distribution, and dt is the time step. It is important to note that H
!

th has a
random behavior depending on both the temperature and the simulation
time step.
3.4. In-plane magnetic anisotropy (IMA) and perpendicular magnetic
anisotropy (PMA)

The IMA and PMA describe the direction of the anisotropy compared
to the device geometry. In the IMA shown in Fig. 9(a), the anisotropy is
parallel to the FL-PL interface. On the other hand, the anisotropy in PMA
is perpendicular to the FL-PL interface as shown in Fig. 9(b).

The critical currents of IMA and PMA structures are given in Eq. (27),
and Eq. (28), respectively [38]. The ratio between the critical current of
Table 1
Constant and parameters in the proposed model.

Physical constants
e Elementary charge (C) 1.602� 10�19

ℏ Reduced Planck constant (erg s) 1.054� 10�27

Material parameters
TMR0 TMR at 0 V & room temperature 2
Ms_nom Magnetization saturation at room temperature (emu/cc) 1050
HK Easy anisotropy (Oe) 250
Aex Exchange parameter (J/m) 1.8� 10�11

αg, β Two damping parameters 0.002
γ Gyromagnetic ratio (s�1Oe

�1) 1.7608� 10�7

Vh TMR voltage dependence parameter (V) 0.5
TC Curie temperature (K) 1420
αsp Ps thermal dependence parameter 2� 10�5

βTMR Ms thermal dependence exponent 0.4
F TMR-based RP 1st fitting parameter (nm�1eV�1/2) 5.39� 10�7

Coef TMR-based RP 2nd fitting parameter (nm�1eV�1/2) 1.025
Model parameters
D Length (nm) 500
h Thickness (nm) 1.5
z Width (nm) 60
tox Oxide thickness (nm) 0.85
ReL Low sheet resistance (Ω/□) 50



Fig. 11. The current-voltage (I-V) characteristics of a given spintronic mem-
ristor driven by sinusoidal input of 1 V using the proposed model (a) for
different frequencies (b) for different temperatures.

Fig. 12. State variable of a spintronic memristor driven by a biased sinusoi-
dal voltage.
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the IMA devices to the PMA devices is (HK þ 2πMS)/HK. Thus, PMA
devices have lower critical currents than IMA counterparts. PMA mate-
rials can lead to higher density because the DW is narrower. However,
PMA devices are more difficult to be fabricated and rely on more
complicated stack. The proposed model includes the critical currents
described in Eq. (27) and Eq. (28) based onwhether the memristor type is
IMA or PMA, respectively.

IC0 ðIMAÞ ¼ 2eαgMSVol ðHK þ 2πMSÞ
ℏηðθÞ (27)

IC0 ðPMAÞ ¼ 2eαgMSVol HK

ℏηðθÞ (28)

where Vol is the FL volume, and η(θ) is the polarization efficiency and it is
given by Ref. [39]:

ηðθÞ ¼ PS

1þ Ps
2cosðθÞ (29)

Eqs. (27) and (28) show that the critical current of the spintronic
memristor depends on η (θ) which is a function of the angle θ between
the magnetization vectors of the FL and PL. Thus, the critical current of
the spintronic memristor in the case of P-AP switching differs from the
critical current in case of AP-P switching. In case of the P-AP switching,
θ¼ 0� and the polarization efficiency equals ηP-AP¼ η (0�)¼ PS/(1 þ PS2).
Similarly, the AP-P switching has a polarization efficiency of ηAP-P¼ η
(180�)¼ PS/(1-PS2). Thus, the switching from AP to P states is easier than
switching from P to AP states. This is physically understandable, as the FL
magnetization vector tends to align with the easy axis. The ratio between
the critical currents of P-AP and AP-P switching is:

IcoP�AP

IcoAP�P

¼ 1� Ps
2

1þ Ps
2 (30)

3.5. The GMR- and TMR-based spintronic memristors

The proposed model uses the following equation to calculate the
parallel resistance of the TMR-based devices [40]:

RP ¼ tox
ðF φ1=2 ⋅ AreaÞ eðCoef ⋅tox ⋅φ1=2Þ (31)

where φ is the average potential barrier height of the oxide material, coef
is a fitting parameter, and F is a fitting parameter corresponding to tox and
depends on the material composition of the spintronic memristor layers.

The DW resistance as a function of θ is then calculated from the
Julliere model [41] as follows:

RDW ðθÞ ¼ 2 RP DW k RAP DW

1þ P2
ScosðθÞ

(32)

where RP_DW is calculated from Eq. (16) for CIP devices and from Eq. (20)
for CPP devices in both GMR- and TMR-based memristors. RAP_DW is
calculated from Eq. (14) as a function of RP_DW and TMR (T, V).

In the case of the GMR-based spintronic memristor, the parallel
resistance of the device is calculated from the sheet resistance ReL as in
Chen et al. model [25]:

RP ¼ ReL ðD=zÞ (33)

where D, z are the device's length and width respectively as in the CIP-
based spintronic memristor shown in Fig. 3.

The DW resistance of the CIP-based memristors is then calculated
from the following equation [42]:

RDW ðθÞ ¼ RP DW þ ðRAP DW � RP DW Þ


1� cosðθÞ

2

�
(34)



Fig. 16. Memristance of the experimental data versus Miao Hu model and the
proposed model.

Table 2
Percentage error fitting comparison.

Miao Hu model [4] Proposed model

Root-mean-square %error 22.98% 5.32%
Maximum %error 71% 16.7%

Fig. 15. Resistance as a function of current for the experimental data, Miao Hu
model, and the proposed model.

Fig. 13. Antiparallel resistance for sin wave input (TMR0¼ 2).

Fig. 14. Effect of temperature on zero-bias TMR and PS.
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3.6. Verilog-A Description

Fig. 10 shows the flowchart of the proposed model. According to this
flowchart, the designer should first specify the memristor type whether it
is GMR/TMR, CIP/CPP, and IMA/PMA. Then the physical parameters,
magnetic device constants, and device dimensions are provided by the
designer. After that, the Verilog-A routine computes temperature
dependent parameters, DW width, and the number of DW positions N.
According to the device type, the values of RP, RAP, IC0, and initial RDW
are computed. The LLGS equation is applied to the DW and the rate of
change of the normalized magnetization vector dm/dt and the angle θ are
calculated.

Then the value of the magnetization vector is updated. If the
magnetization-vector switched from P to AP or AP to P states, the posi-
tion of the DW is updated. Finally, the DW resistance RDW (θ), and the
total memristance M (α) are calculated.

4. Simulation results

The model is implemented using Verilog-A language and used with a
SPECTRE-based CAD tool to study the behavior of the spintronic mem-
ristor for different stimulations and to show the main characteristics of
156
the device. Table 1 provides the values of the dimensions and the main
parameters used in the simulations [43,44].
4.1. Model properties

The TMR-based PMA spintronic memristor is chosen through our
simulations because it might be the most promising type of spintronic
memristors.

Fig. 11(a) shows the current-voltage (I-V) characteristics of the
spintronic memristor using a 1 V sinusoidal input voltage. The I-V char-
acteristics are studied under different input frequencies 2.5, 5, 10, and
20MHz. The hysteresis curve reduces when the signal frequency



Fig. 18. Yenpo R/W circuit [9].

Fig. 17. Switching delay versus applied voltage for (a) CIP structure Chen et al. model [25] and the proposed model (b) CPP structure Miao Hu et al. model [4] and the
proposed model.
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increases as expected for any memristor device. Fig. 11(b) shows the I-V
characteristics of the spintronic memristor when applying a sinusoidal
input of 1 V under different temperature values, 200�, 300�, and 400o K.

The figure shows that the hysteresis curve reduces when the tem-
perature increases. Thus, we can conclude that increasing temperature
reduces the unique hysteresis feature of the memristor, making it slightly
closer to the resistor-like behavior.

In Fig. 12, a biased sinusoidal voltage excitation is applied to the
spintronic memristor with a frequency of f¼ 20MHz and amplitude of
Vm¼ 0.8V. A negative bias of -0.1V is added to the first three cycles and
then a positive bias ofþ0.3V is added for the next three cycles. In the first
three cycles, the negative bias combined with the sinusoidal voltage
causes the gradually increasing of the state variable α. Another reason for
the increasing ripples is that the switching from P to AP is slower than the
AP to P switching due to the inherent tendency of the magnetization
vector to be aligned with the easy axis as mentioned.
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The value of the antiparallel resistance and thus the total memri-
stance are functions of the applied voltage. The proposed model includes
the TMR/GMR voltage dependence effect. Fig. 13 shows the value of the
antiparallel resistance for a sinusoidal applied voltage. As shown in this
figure, the antiparallel resistance reaches its maximum value when the
input voltage equals zero. Under zero applied voltage, the tunneling
magnetoresistance TMR (V¼ 0)¼ TMR0 and the RAP value is maximum.

When the applied voltage reaches its positive or negative peak �1V,
the tunneling magnetoresistance and the antiparallel resistance reach
their lowest value: TMR (V¼�1)¼ 0.2 TMR0, and thus RAP value is
minimum. Thus, reducing the operating voltage in spintronic memristor
Fig. 20. Read operation one cyc

Fig. 19. Write operation (a) Logic ‘0’((b) Logic ‘1’.
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is preferable in the design, as it increases the magnetoresistance and thus
increases the noise margin of the memristor when it is used in memory
applications.

Fig. 14 shows the temperature effect on the zero-bias TMR and PS. The
spin polarization PS decreases with temperature as expected from (22).
From (23), the TMR and consequently RAP also decrease with tempera-
ture. The TMR0(400oK)¼ 1.567 which is 22% lower than the TMR at
room temperature. PS(400oK) is 6.3% lower than the PS at room tem-
perature. Combining both the voltage and temperature effects on TMR
may lead to a significant reduction in its value, which is an important
design factor that should be considered during the design of any spin-
tronic memristor-based circuit.

4.2. Model verification

4.2.1. Fitting to an experimental data
In 2016, a paper published by Steven Lequeux et al. [36] provided the

first realization of a spintronic memristor. This is the first experimental
achievement of a spintronic memristor up to the author knowledge.
Fig. 15 shows a comparison between Miao Hu model and the proposed
model fitting to the current-memristance relationship. The reason of
choosing Miao Hu model for the comparison is that this spintronic
memristor is a CPP spintronic memristors which is compatible with Miao
Table 3
Comparison between previous Models and the Proposed Model.

Model Chen Model
[25]

Miao Hu
Model [4]

Proposed
Model

LLGS-based partially partially Yes
Valid for different geometries No No Yes
Material and geometry
parameters' dependence

partially partially Yes

Thermal dependence No No Yes
TMR/GMR voltage dependence No No Yes
Simulation time Shorter Shorter Longer

le (a) Logic ‘0’ (b) Logic ‘1’.



Fig. 21. Read/Write operation of one word from a 1 Kb 1T1M memory circuit (a) Writing the word (10010110), (b) Reading the word (01101001).
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Hu model. The proposed model shows better fitting to the experimental
data. The first reason behind this is the clear voltage dependency of the
TMR and thus the antiparallel resistance. The second reason is the ability
of using two different critical currents for the positive and negative
voltages in the proposedmodel. The values that are used in this fitting are
RP¼ 37Ω, TMR0¼ 0.84, Vh¼ 0.22 V, Jcr(P-AP)¼ 4.9� 106 A/m2, and
Jcr(AP-P)¼ 3.4� 106 A/m2. The device dimensions are
(1000� 100� 2.2 nm3), which fit the provided experimental data.

Fig. 16 shows memristance values of experimental data that derived
from Fig. 15 versus the memristance values that derived from simulation
using both Miao Hu and the proposed models under the same current
values stimulations used with the experimental data that shown in
Fig. 15. The comparison used the outer R-I curve at which the applied dc
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current pulse has a density larger than Jcr for enough duration to make
the memristor switches from RP to RAP or from RP to RAP states. Thus,
Miao Hu model in this case reaches the minimum and maximum values
RP and RAP which are fixed for his model. On the other hand, the pro-
posed model gives a better fitting to the experimental data under the
same stimulation. It should be noted that the internal states of the
experimental data which represents the memristance levels between RP
and RAP is not provided in this comparison as the experimental data for
them was not clear enough and to make the comparison more readable.

Table 2 provides a comparison of the percentage error of the Miao Hu
and the proposed models. The root mean square error of the proposed
model is only 5.32% compared to 22.98% for Miao Hu model. Also, due
to the high voltage dependence of the RAP, the maximum percentage
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error of Miao Hu model reaches 71% compared to 16.7% for the pro-
posed model.

4.2.2. Dynamical behavior of the proposed model
Due to the absence of a transient analysis of an experimental spin-

tronic memristor, the proposed model is compared to the Chen et al.
model [25] and Miao Hu et al. model [4].Fig. 17(a) shows the switching
delay versus the applied voltage of a spintronic memristor using both
Chen et al. model [25] and the proposed model for the CIP structure. The
used parameters are RP¼ 1.25 KΩ, TMR0¼ 2, Ms¼ 1010, HK¼ 100, DW
width ¼10 nm, and device dimensions of 100� 20� 10 nm. The simu-
lation results show that switching delay of the proposed model is very
close to the Chen model (3% lower) which is logical because the DW
velocity of the Chen model is derived from the LLGS equation with the
CIP STT term like the proposed model for CIP structures. This result
shows the validity of the proposed model dynamical equations.

Fig. 17(b) shows the switching delay versus the applied voltage of a
spintronic memristor using both Miao Hu et al. model [4] and the pro-
posed model for the CPP structure. The proposed model shows that the
expected delay should be about 3.5 times of the delay of Miao model. The
reason of this result is that Miao Hu model used the approximation of the
CIP torque term instead of the CPP term. The torque of the CPP structure
strongly depends on θ which reduces the DW speed noticeably.

4.3. Case study: memristor-based memory cell

The memristor-based memories might be the most promising appli-
cation for spintronic memristors. The memory read/write operations are
discussed here as a case study of the proposed model. The read/write
circuit used here is provided in Ref. [9], and it is shown in Fig. 18. The
write operation is simply achieved by applying a positive pulse of 1 V to
write logic ‘0’, or a pulse of -1 V to write logic ‘1’. Fig. 19 shows the
simulation results of the write operation.

The simulation results of the read operation for one cycle are shown
in Fig. 20. The theory of the circuit depends on applying a read voltage
signal of equivalent positive and negative pulses to cancel the effect of
each other. The output data is sensed during the positive reading pulse
and latched at the output until the next cycle.

Another case study is the 1024-bit memory circuit using the 1T1M
crossbar array. The circuit is assumed to be consisted of 128-word x 8-bits
for each word. Fig. 21(a) shows the write process of the word
(10010110), where sv7 is the state variable of the memristor that rep-
resents the most significant bit. Fig. 21(b) shows the read process of the
word (01101001). The output of the read process is valid after the CLK
rising edge. This circuit is used to validate the model ability to be used in
large circuits without any convergence problems.

4.4. Comparison between the models

Table 3 provides a comparison between previous models and the
proposed model. Unlike previous models, which partially depend on a
modified LLG equation, the proposed uses the LLGS equation to model
the dynamical behavior of the spintronic memristor. The proposed device
uses physical equations to model different types of spintronic memristors
as a function of its physical parameters. For example, the proposed
voltage and thermal dependent parameters can be used efficiently to
investigate the effect of voltage and thermal fluctuations on the spin-
tronic memristors dynamic behavior. However, the proposed model
needs a longer simulation time, as it requires smaller time step to keep up
with the fast changes in the magnetization vector when it is modeled by
the LLGS equation.

5. Conclusion

In this paper, an accurate model of the domain-wall spintronic
memristor is proposed. Previous models utilized a simplified form of the
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CIP torque term to represent the dynamic behavior of the spintronic
memristor. The proposedmodel uses the accurate LLGS equation. For CIP
structures, the proposed model showed a very close dynamic behavior to
the Chen model (3% lower) because the DW velocity of Chen model is
derived from the proper LLGS CIP torque term. However, for the CPP
structures, Miao Hu model uses the same CIP torque term instead of the
CPP torque term that should be used in this case. The proposed model
showed that the expected switching delay should be about 3.5 times of
that of Miao Hu model.

The proposed model uses the required equations to model different
types of spintronic memristors like GMR/TMR, CPP/CIP, and PMA/IMA
as a function of their physical parameters. Also, the proposedmodel is the
first model that includes the TMR/GMR voltage dependence in spintronic
memristor modeling. The model includes thermal dependent parameters
to model the effect of thermal fluctuations on the device's behavior. Both
voltage-dependent and thermal-dependent effects are of a great impor-
tance in studying the actual behavior of spintronic memristors in circuit
design. Also, the fluctuating thermal field is added to the effective field to
model the fluctuating thermal effects and the stochastic behavior of the
spintronic memristors. The model is verified to an experimental data of a
spintronic memristor, and it showed much better fitting compared to
existing models. Two case studies of a memristor-based read/write
memory circuit and a 1024 bit 1T1M memory circuit are used to verify
the model. The model is written using Verilog-A, and it is integrated with
SPECTRE-based CAD tool.

In brief, this work makes important contributions to the accurate
characterization and modeling of domain-wall spintronic memristors,
analyzing, and designing its based memory circuits by addressing the
problems of the existing models which utilize a simplified form of the CIP
STT term from the modified LLG equation.

Acknowledgment

This research was funded by ONE Lab, NTRA, ITIDA, Cairo Univer-
sity, Zewail City of Science and Technology.

References

[1] L. Chua, Memristor-the missing circuit element, IEEE Trans. Circ. Theor. 18 (1971)
507–519.

[2] D.B. Strukov, G.S. Snider, D.R. Stewart, R.S. Williams, The missing memristor
found, Nature 453 (2008) 80–83.

[3] X. Wang, Y. Chen, H. Xi, H. Li, D. Dimitrov, Spintronic memristor through spin-
torque-induced magnetization motion, IEEE Electron. Device Lett. 30 (2009)
294–297.

[4] M. Hu, H. Li, Y. Chen, X. Wang, R.E. Pino, Geometry variations analysis of TiO 2
thin-film and spintronic memristors, in: Proceedings of the 16th Asia and South
Pacific Design Automation Conference, 2011, pp. 25–30.

[5] H. Akinaga, H. Ohno, Semiconductor spintronics, IEEE Trans. Nanotechnol. 99
(2002) 19–31.

[6] L. Shang, S. Duan, L. Wang, T. Huang, SRMC: a multibit memristor crossbar for self-
renewing image mask, in: IEEE Transactions on Very Large Scale Integration (VLSI)
Systems, 2018, p. 1.

[7] H. Farkhani, M. Tohidi, S. Farkhani, J.K. Madsen, F. Moradi, A low-power high-
speed spintronics-based neuromorphic computing system using real time tracking
method, IEEE J. Emerg. Select. Top. Circ. Syst. 8 (3) (2018) 627–638.

[8] C. Xu, X. Dong, N.P. Jouppi, Y. Xie, Design implications of memristor-based RRAM
cross-point structures, in: Design, Automation & Test in Europe Conference &
Exhibition (DATE), 2011, pp. 1–6.

[9] Y. Ho, G.M. Huang, P. Li, Dynamical properties and design analysis for nonvolatile
memristor memories, IEEE Trans. Circ. Syst. I: Regul. Pap. 58 (2011) 724–736.

[10] H. Mostafa, Y. Ismail, Process variation aware design of multi-valued spintronic
memristor-based memory arrays, IEEE Trans. Semicond. Manuf. 29 (2016)
145–152.

[11] X. Wang, Y. Chen, Y. Gu, H. Li, Spintronic memristor temperature sensor, IEEE
Electron. Device Lett. 31 (2010) 20–22.

[12] S. Kvatinsky, A. Kolodny, U.C. Weiser, E.G. Friedman, Memristor-based IMPLY logic
design procedure, in: IEEE 29th International Conference on Computer Design
(ICCD), 2011, pp. 142–147.

[13] W. Wang, T.T. Jing, B. Butcher, FPGA based on integration of memristors and
CMOS devices, in: Proceedings of 2010 IEEE International Symposium on Circuits
and Systems (ISCAS), 2010, pp. 1963–1966.

http://refhub.elsevier.com/S0167-9260(18)30430-9/sref1
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref1
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref1
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref2
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref2
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref2
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref3
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref3
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref3
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref3
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref4
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref4
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref4
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref4
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref5
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref5
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref5
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref6
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref6
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref6
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref7
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref7
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref7
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref7
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref8
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref8
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref8
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref8
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref8
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref9
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref9
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref9
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref10
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref10
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref10
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref10
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref11
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref11
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref11
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref12
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref12
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref12
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref12
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref13
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref13
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref13
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref13


S.F. Nafea et al. Integration, the VLSI Journal 65 (2019) 149–162
[14] J. Rajendran, H. Manem, R. Karri, G.S. Rose, Memristor based programmable
threshold logic array, in: Proceedings of the 2010 IEEE/ACM International
Symposium on Nanoscale Architectures, 2010, pp. 5–10.

[15] L.D. Landau, E. Lifshitz, On the theory of the dispersion of magnetic permeability in
ferromagnetic bodies, Phys. Z. Sowjetunion 8 (1935) 101–114.

[16] T.L. Gilbert, A phenomenological theory of damping in ferromagnetic materials,
IEEE Trans. Magn. 40 (2004) 3443–3449.

[17] D.C. Ralph, M.D. Stiles, Spin transfer torques, J. Magn. Magn Mater. 320 (2008)
1190–1216.

[18] J.C. Slonczewski, Current-driven excitation of magnetic multilayers, J. Magn. Magn
Mater. 159 (1996) L1–L7.

[19] J. Slonczewski, Currents, torques, and polarization factors in magnetic tunnel
junctions, Phys. Rev. B 71 (2005), 024411.

[20] L. Lopez-Diaz, D. Aurelio, L. Torres, E. Martinez, M. Hernandez-Lopez, J. Gomez, et
al., Micromagnetic simulations using graphics processing units, J. Phys. Appl. Phys.
45 (2012) 323001.

[21] A. Thiaville, Y. Nakatani, J. Miltat, Y. Suzuki, Micromagnetic understanding of
current-driven domain wall motion in patterned nanowires, EPL (Europhys. Lett.)
69 (2005) 990.

[22] M. Kuteifan, Micromagnetic Modeling of Spintronic Devices for Memory and
Recording Applications, Ph.D. dissertation, UC San Diego, 2018.

[23] J.C. Slonczewski, Current-driven excitation of magnetic multilayers, J. Magn. Magn
Mater. 159 (1996) L1–L7.

[24] F. Li, S.Y.H. Lua, A. Mani, An optimized resistance characterization technique for
the next generation magnetic random access memory, IEEE Trans. Nanotechnol. 14
(2015) 540–545.

[25] Y. Chen, X. Wang, Compact modeling and corner analysis of spintronic memristor,
in: Proceedings of the International Symposium on Nanoscale Architectures IEEE/
ACM, 2009, pp. 7–12.

[26] Y. Chen, X. Wang, H. Li, H. Xi, Y. Yan, W. Zhu, Design margin exploration of spin-
transfer torque RAM (STT-RAM) in scaled technologies, IEEE Trans. Very Large
Scale Integr. Syst. 18 (2010) 1724–1734.

[27] M. Madec, J.-B. Kammerer, F. Pregaldiny, L. Hebrard, C. Lallement, Compact
modeling of magnetic tunnel junction, in: Joint 6th International IEEE Northeast
Workshop on Circuits and Systems and TAISA Conference NEWCAS-TAISA, 2008,
pp. 229–232.

[28] A. Yamaguchi, T. Ono, S. Nasu, K. Miyake, K. Mibu, T. Shinjo, Real-space
observation of current-driven domain wall motion in submicron magnetic wires,
Phys. Rev. Lett. 92 (2004), 077205.

[29] X. Fong, Y. Kim, K. Yogendra, D. Fan, A. Sengupta, A. Raghunathan, et al., Spin-
transfer torque devices for logic and memory: prospects and perspectives, IEEE
Trans. Comput. Aided Des. Integrated Circ. Syst. 35 (2016) 1–22.

[30] Y.-P. Zhao, R. Gamache, G.-C. Wang, T.-M. Lu, G. Palasantzas, J.T.M. De Hosson,
Effect of surface roughness on magnetic domain wall thickness, domain size, and
coercivity, J. Appl. Phys. 89 (2001) 1325–1330.

[31] D. Lee, R.K. Behera, P. Wu, H. Xu, Y. Li, S.B. Sinnott, et al., Mixed Bloch-N�eel-Ising
character of 180 ferroelectric domain walls, Phys. Rev. B 80 (2009), 060102.

[32] M. Barangi, P. Mazumder, Effect of temperature variations and thermal noise on the
static and dynamic behavior of straintronics devices, J. Appl. Phys. 118 (2015)
173902.

[33] R. Dorrance, A Compact MTJ Model Incorporating Temperature and Voltage
Dependencies Using Verilog-A, (manuscript in preparation).

[34] C.H. Shang, J. Nowak, R. Jansen, J.S. Moodera, Temperature dependence of
magnetoresistance and surface magnetization in ferromagnetic tunnel junctions,
Phys. Rev. B 58 (1998) R2917.

[35] J.-G.J. Zhu, C. Park, Magnetic tunnel junctions, Mater. Today 9 (2006) 36–45.
[36] S. Lequeux, J. Sampaio, V. Cros, K. Yakushiji, A. Fukushima, R. Matsumoto, et al.,

A magnetic synapse: multilevel spin-torque memristor with perpendicular
anisotropy, Sci. Rep. 6 (2016) 31510.

[37] Y. Chen, H. Li, X. Wang, J. Park, Applications of TMR devices in solid state circuits
and systems, in: International SoC Design Conference (ISOCC), 2010, pp. 252–255.

[38] J.Z. Sun, Spin-current interaction with a monodomain magnetic body: a model
study, Phys. Rev. B 62 (2000) 570.

[39] J. Sun, D. Ralph, Magnetoresistance and spin-transfer torque in magnetic tunnel
junctions, J. Magn. Magn Mater. 320 (2008) 1227–1237.

[40] Y. Wang, H. Cai, L.A. de Barros Naviner, Y. Zhang, X. Zhao, E. Deng, et al., Compact
model of dielectric breakdown in spin-transfer torque magnetic tunnel junction,
IEEE Trans. Electron. Dev. 63 (2016) 1762–1767.

[41] M. Julliere, Tunneling between ferromagnetic films, Phys. Lett. 54 (1975) 225–226.
[42] L. Engelbrecht, Modeling Spintronics Devices in Verilog-A for Use with Industry-

standard Simulation Tools, Oregon State University, 2011.
[43] R.W. Dorrance, Modeling and Design of STT-mrams, University of California, Los

Angeles, 2011.
[44] S. Huda, Modeling and Design of Spin Torque Transfer Magnetoresistive Random

Access Memory, MSc Thesis, University of Toronto, 2012.
161
Sherif F. Nafea received the B.Sc. degree in electrical engi-
neering from Suez Canal University, Port Said, Egypt, in 2007,
the M.Sc. degree in electronics engineering from Port Said
University, Port Said, Egypt, in 2012, and the Ph.D. degree in
electronics engineering from Suez Canal University, Ismailia,
Egypt, in 2018. He is currently an Assistant Professor at Suez
Canal University, Faculty of Engineering, Ismailia, Egypt. His
current research interests include the study of modeling, char-
acterization, and applications of memristor-based circuits.
Ahmed A.S. Dessouki received the B.Sc. degree in electrical
engineering from Alexandria University, Alexandria, Egypt, in
1980, and the M.Sc. degree in electronics engineering from
Suez Canal University, Port Said, Egypt, in 1986. He worked for
Suez Canal University from 1982 to 1987 as an instructor. He
performed his doctoral studies at Seoul National University,
Seoul, Korea, from 1988 to 1992, and received the PhD degree
in electronic engineering in 1992. Now he is working as Asso-
ciate Professor at Port-Said University, Faculty of Engineering,
Port Said, Egypt. His current research interests include the
study of memristor-based circuits, and Resonant Tunneling
Diodes (RTD).
Sayed El-Rabaie (SM092) received the B.Sc. degree (with
honors) in radio communications from Tanta University, Tanta,
Egypt, in 1976, the M.Sc. degree in communication systems
from Menoufia University, Menouf, Egypt, in 1981, and the
Ph.D. degree in microwave Device engineering from Queen's
University of Belfast, Belfast, U.K., in 1986. In his doctoral
research, he constructed a Computer-Aided Design (CAD)
package used in nonlinear circuit simulations based on the
harmonic balance techniques. Up to February 1989, he was a
Postdoctoral Fellow with the Department of Electronic Engi-
neering, Queen's University of Belfast. He was invited as a Re-
search Fellow in the College of Engineering and Technology,
Northern Arizona University, Flagstaff, in 1992 and as a
Visiting Professor at Ecole Polytechnique de Montreal, Mon-
treal, QC, Canada, in 1994. He has authored and Co-authored of

more than 250 Papers and nineteen text Books. He was awarded
several Awards (Salah Amer Award of Electronics in 1993, The
Best Researcher on (CAD) from Menoufia University in 1995).
He acts as a reviewer and member of the editorial board for
several scientific journals. He has shared in translating the first
part of the Arabic Encyclopedia. Professor EL-Rabaie was the
Head of the Electronic and Communication Engineering Dept.,
Faculty of Electronic Engineering, Menoufia University, then
the Vice Dean of Postgraduate Studies and Research in the same
Faculty. Prof. S. El-Rabaie is Involved now in Different Research
Areas including CAD of Nonlinear Microwave Circuits, Nano-
technology, Digital Communication Systems, and Digital Image
Processing. Now he is Reviewer of Quality Assurance and
Accreditation of Egyptian Higher Education.
Basem E. Elnaghi received the B.Sc. degree in electrical engi-
neering from Suez Canal University, Port Said, Egypt, in 2003,
the M.Sc. degree in electrical engineering from Suez Canal
University, Port Said, Egypt, in 2009, and the Ph.D. degree in
electrical engineering from Port Said University, Port Said,
Egypt, in 2015. He is currently an Assistant Professor in the
Electrical Engineering Department, Suez Canal University,
Ismailia, Egypt.

http://refhub.elsevier.com/S0167-9260(18)30430-9/sref14
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref14
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref14
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref14
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref15
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref15
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref15
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref16
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref16
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref16
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref17
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref17
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref17
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref18
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref18
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref18
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref19
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref19
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref20
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref20
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref20
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref21
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref21
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref21
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref22
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref22
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref23
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref23
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref23
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref24
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref24
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref24
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref24
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref25
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref25
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref25
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref25
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref26
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref26
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref26
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref26
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref27
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref27
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref27
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref27
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref27
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref28
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref28
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref28
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref29
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref29
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref29
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref29
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref30
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref30
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref30
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref30
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref31
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref31
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref31
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref32
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref32
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref32
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref34
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref34
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref34
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref35
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref35
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref36
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref36
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref36
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref37
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref37
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref37
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref38
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref38
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref39
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref39
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref39
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref40
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref40
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref40
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref40
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref41
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref41
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref42
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref42
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref43
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref43
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref44
http://refhub.elsevier.com/S0167-9260(18)30430-9/sref44


S.F. Nafea et al. Integration, the VLSI Journal 65 (2019) 149–162
Yehea Ismail (F 13) is the Director of the Nanoelectronics and
Devices Center, Zewail City, and the American University in
Cairo. He is an Editor-in-Chief of the IEEE TRANSACTIONS ON
VERY LARGE SCALE INTEGRATION (VLSI) SYSTEMS and the
Chair Elect of the IEEE VLSI technical committee. He is on the
Editorial Board of the Journal of Circuits, Systems, and Computers,
was on the Editorial Board of the IEEE TRANSACTIONS ON
CIRCUITS AND SYSTEMS I: FUNDAMENTAL THEORY AND
APPLICATIONS, and the Guest Editor for a special issue of the
IEEE TRANSACTIONS ON VERY LARGE SCALE INTEGRATION
(VLSI) SYSTEMS on , SOn-Chip Inductance in High Speed In-
tegrated Circuits. He has also chaired many conferences such as
GLSVLSI, IWSOC, and ISCAS. He is the Chief Scientist of the
Innovation and Entrepreneurship Center of the Ministry of
Communications and Information Technology, Egypt. Prof.
0

Ismail was a recipient of several awards such as the USA Na-
tional Science Foundation Career Award, the IEEE CAS
Outstanding Author Award, the Best Teacher Award at North-
western University, and many other best teaching awards and
best paper awards. He is the Distinguished Lecturer of the IEEE
CASS. He has published over 170 papers in top-refereed jour-
nals and conferences and many patents. He has co-authored
three books entitles On-Chip Inductance in High Speed Inte-
grated Circuits, Handbook on Algorithms for VLSI Physical Design,
and Temperature-Aware Computer Architecture. He has many
patents in the area of high performance circuits and intercon-
nect design and modeling. His work is some of the most highly
cited in the very large scale integration area and is extensively
used by industry.
162
Hassan Mostafa (S 01–M 11–SM 15) received the B.Sc. and
M.A.Sc. degrees (Hons.) in electronics engineering from Cairo
University, Cairo, Egypt, in 2001 and 2005, respectively, and
the Ph.D. degree in electrical and computer engineering from
the Department of Electrical and Computer Engineering, Uni-
versity of Waterloo, Waterloo, ON, Canada, in 2011. He is
currently an Assistant Professor with the Electronics and
Communications Department, Cairo University, and also an
Adjunct Assistant Professor with the Center for Nano-
Electronics and Devices, American University in Cairo, Cairo.
He has worked as a Natural Sciences and Engineering Research
Council of Canada (NSERC) Post-Doctoral Fellow with the
Department of Electrical and Computer Engineering, University
of Toronto, Toronto, ON, Canada. His Post-Doctoral Research
includes the design of the next generation FPGA in collabora-
0 0 0

tion with Fujitsu Research Laboratory, Japan/USA. He is
collaborating with several sponsors across the world such as
Intel, USA, Fujitsu, Japan, National Telecommunications
Regulation Agency, Egypt, the University of Toronto, the Uni-
versity of Waterloo, the Academy of Scientific Research and
Technology, Egypt, NSERC, Cairo University, Blackberry, Can-
ada, Qatar National Research Fund, Qatar. He has authored/
coauthored over 80 papers in international journals and con-
ferences and published four books. His research interests
include analog-to-digital converters, low-power circuits, sub-
threshold logic, variation-tolerant design, soft error tolerant
design, statistical design methodologies, next generation FPGA,
spintronics, memristors, energy harvesting MEMS/NEMS,
power management, and optoelectronics. Dr. Mostafa was a
recipient of the University of Toronto Research Associate
Scholarship in 2012, the NESRC Prestigious Post-Doctoral
Fellowship in 2011, the Waterloo Institute of Nano-
Technology Nanofellowship Research Excellence Award in
2010, the Ontario Graduate Scholarship in 2009, and the Uni-
versity of Waterloo SandFord Fleming TA Excellence Award in
2008.


	An accurate model of domain-wall-based spintronic memristor
	1. Introduction
	1.1. Spintronic Memristor
	1.2. Landau-Lifshitz-Gilbert-Slonczewski (LLGS) equation

	2. Previous spintronic memristor modeling
	2.1. Chen spintronic memristor model
	2.2. Miao Hu spintronic memristor model

	3. Proposed LLGS-based spintronic memristor model
	3.1. The domain wall width and motion
	3.2. The CIP and CPP structures
	3.3. Thermal dependent parameters
	3.4. In-plane magnetic anisotropy (IMA) and perpendicular magnetic anisotropy (PMA)
	3.5. The GMR- and TMR-based spintronic memristors
	3.6. Verilog-A Description

	4. Simulation results
	4.1. Model properties
	4.2. Model verification
	4.2.1. Fitting to an experimental data
	4.2.2. Dynamical behavior of the proposed model

	4.3. Case study: memristor-based memory cell
	4.4. Comparison between the models

	5. Conclusion
	Acknowledgment
	References


